Proof: Assume =k . Colour edges with colours 1,2, …, k.
Uncolour those edges with colour k-1,k.
Colour vertices and faces with colour k-1,k,k+1, …, k+4
Each uncoloured edge e=xy has permissible colours
The uncoloured edges are L-colourable.
|L(e)|=2
Theorem [Wang (1999) Theorem [Wang-Zhu,2010] Assume G is a minimum counter-example. Proof:
Then G has no cut-vertex G has no vertex of degree 2. Theorem [Wang-Zhu,2010] Assume G is a minimum counter-example. Proof:
Then G has no cut-vertex G has no vertex of degree 2.
Colour the faces properly by colours 1,2,3,4.
For each edge e of , let L(e) be the two colours from 1,2,3,4 not used by the faces incident to e.
We want to show that the edges of are L-colourable.
Each component of is either a path or a cycle.
The only possible problem is odd cycles.
We need to choose the colouring of the faces so that for any odd cycle C in , L(e) L(e') for some e,e' of C. 
